Abstract. In 1977 Z. Grande introduced the notion of graph continuity for functions from (0,1) to M. The aim of this note is to deal with the maximal multiplicative family for the class of graph continuous functions from topological space X to real numbers.
Basic notations and some results
In what follows X, Y denote topological spaces. For a subset A of a topological space X symbol A and Int A denote the closure and the interior of A in a topological space X, respectively. If G(f) denotes the graph of a function f : X Y then G(f) denotes the closure of the graph of / in a topological space 1x7.
The letter R stands for the set of real numbers. Now let us recall several definitions and basic facts which will be used throughout this note.
DEFINITION 1 ([Z]
). Let X, Y be topological spaces. A function / is graph continuous if there exists a continuous function g : X -> Y such that G(g) C G(f) (the closure of the graph of / contains the graph of g).
REMARK 1 ([S2]
). We shall often use this characterization of graph continuity: Let / : X Y be a function, such that X is a topological space and Y is a metric space with a metric d. Then / is graph continuous if and only if there exists a continuous function g : X -Y such that for any e > 0 the set Ae = (x;d(f(x),g(x)) < e} is dense in X. We shall also use the following proposition proved in paper [SI] . 
And still we can introduce some more notation.
DEFINITION 3.
If X is a topological space then GR is the system of all graph continuous functions from X to R and GRC is the system of all graph continuous and cliquish functions from 1 to R. Proof. We have to show that f\ • f2 is graph continuous. We assume that f\ is cliquish function. So from Proposition 1 we have an existence of continuous function <71 such that for every e > 0 the set B\ = {x; |/i(a;) -> s} is nowhere dense in X. Graph continuity of /2 implies an existence of the continuous function <72 such that for every e > 0 the set A2 = {a;; 1/2(2:) -<72(;e)| < e) is dense in X.
Maximal multiplicative family for the class of graph continuous
To prove the graph continuity of /1 • /2 it suffices to show that for the continuous function gi • g2 and for every e > 0 the set
So for e > 0 and an open set U we must find y € X for which the inequality So for £ > 0 and open set U we have found y 6 G2 for which the inequalities (1), (2), (3) and (4) hold
Hence the set H' is dense in X and fx • $2 is graph continuous. The proof is finished.
Theorem 1 motivates the introduction of this well known definition.
DEFINITION 4 ( [Gl] ). Let QR be the family of all graph continuous functions from topological space X to R. Then M(0R) is the set of all function h € QR such that for any / G QR : f • h € QR. Since 1 £ QR, the equality
M{QR) = {h : X R, h • f G Q R for every/ G QR} is true and M(QR) is called the maximal multiplicative class for QR.
Then an immediate consequence of Theorem 1 is the following corollary.
COROLLARY 1. Let QRC be the family of all graph continuous and cliquish functions. Then

QRC C M(Q R ).
Before reversing the inclusion relation from Corollary 1 we need the following definition.
DEFINITION 5. Let X be a topological space. Then QR is the system of all graph continuous functions / G QR such that for every continuous function
g : X -> R with G(g) C G(f) and every x G X we have : f(x) / 0 and g(x)
0 ( for our aim it suffices to require that the sets {x;g2(x) -0}, {x; f2(x) = 0} are nowhere dense). DEFINITION 6. Let Q'R be the system of all graph continuous functions from Definition 5. Then Q'RC is the system of all cliquish functions from Q'R. Then the function ¡2 is defined as follows:
One can easy see that for continuous function 92 -inclusion G(g2) C G(f2) holds, so function /2 is graph continuous.
Thus A • /2:
We have to show that fx • ¡2 is not graph continuous. In other words we shall show that for every x G W the distance between (fx • /2H2O and 1 is greater or equal than the particular constant.
So let x e W \ Ai. Then |ffi(x)| < M and also
Evidently, the function f\ • fa is not graph continuous. The proof is finished.
•
The following example shows that Theorem 2 does not hold without the asumption that X is T\.
Example 1. Let X = (0,1) and T X = {(0,1), 0, (0,1)}. This topological space is connected, but not T\. We shall find graph continuous function fi which is not cliquish but for arbitrary graph continuous function fa the product f\ • ji is graph continuous. It is easy to see that in this space the following statements hold : -every function from X to R is graph continuous, -if / : X -y R is continuous then / is constant function, -function / is graph continuous and cliquish if and only if / is constant on (0,1).
These results imply that f\ : X -* R with the above required properties can be defined as follows : /i(0) = 1 and fi(x) = 0 for arbitrary x £ X, x ^ 0.
As an immediate consequence of Theorem 1 and Theorem 2 we have: 
